The 135 heptagon spaces

by = dimp H* (NI (a); F) = dimp H* % (N (a); F)

or :b; = dimp, H' (N (a); Fy) = dimp H* (N7 (a); Fy).
1y = rank (z — z U z), from H*(NJ(a);Fy) to HY (N (a); Fs)
or: ry = rank (z — z U ), from H'(N;(a);Fy) to H*(Nj (a); Fy)
s = sol(«)
o = signature of V7 (a) (computed from formula of [HK2, Cor. 4.5].

The following 7-gon spaces have been sorted by lexicographic order of the
numbers by, by, 7y and s, showing that these invariants distinguish the 7-gon

spaces.
code a “min.” p|b1 by ry s o
1 O (0,0,0,0,0,0,1) 1 {0 0 0 0 O
2 (7) (r,1,1,1,1,1,5) 111 1 1 1 1
3 (71) (o,1,1,1,1,,4 92 2 2 2 0
4 (72) (1,1,2,2,2,2,7) 17({3 3 3 3 -1
5 (721) (0,0,1,1,1,1,3) 7 (3 4 3 4 0
6 (73) (1,1,1,2,2,2,6) 15| 4 4 4 4 =2
7 (721,73 | (1,1,2,3,3,3,8 214 5 4 5 -1
8 (74321) (0,0,0,0,1,1,1) 3 |4 6 0 0 0
9 (7321) (0,0,0,1,1,1,2) 5 |4 6 3 0 0
10 (731) (0,1,1,2,2,2,5) 13| 4 6 4 6 0
11 (732) (1,1,1,3,3,3,7) 19,4 7 4 8 1
12 (74) (1,1,1,1,2,2,5) 135 5 5 5 =3
13 (721,74) | (1,1,2,2,3,3,7) 19| 5 6 5 6 =2
14 (7432) (1,1,1,1,4,4,5) 175 7 1 1 -1
15 (7321,74) | (1,1,1,3,4,4,7) 21 |5 7 4 1 -1
16 (731,74) | (1,2,2,3,4,4,9) 25| 5 7 5 7 -1
17 (7431) (0,1,1,1,3,3,4) 13|5 8 2 2 0
18 (7421) (0,0,1,1,2,2,3) 9 |5 8 3 0 0
19 (7321,741) | (0,1,1,2,3,3,5) 15| 5 8 4 2 0
20 (741) (0,1,1,1,2,2,4) 11 |5 8 5 8 0
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(732,74)
(7421,743)
(7321,742)
(732,741)
(7321,743)

(742)

(743)

(75)
(721, 75)
(7432, 75)
(7321, 75)
(731, 75)
(7431, 75)
(7421, 75)

(7321, 741, 75)
(732, 75)
(741, 75)

(7521)
(7431,751)
(7421,751)
(7421,743,75)
(7321,751)

(7321, 742, 75)

(751)

(732,741, 75)

(7421, 752)

(7421,743,751)

(7321,742,751)

(7321, 743, 75)
(732,751)
(742, 75)

(7421,743,752)

(7321,743,751)

(1,1,1,2,3 3,6)
(1,1,2,2,5,5,7)
(1,1,2,3,5,5 8)
(1,2,2,3,5,5,9)
(1,1,1,2,4,4,6)
(1,1,2,2,4,4,7)
(1,1,1,1,3,3,5)
(1,1,1,1,1,2,4)
(1,1,2,2,2,3,6)
(1,1,1,1,3,4,4)
(1,1,1,3,3,4,6)
(1,2,2,3,3,4,8)
(1,2,2,2,5,6,7)
(1,1,3,3,5,6 8)
(1,2,2,4,5,6,9)
(1,1,1,2,2,3 5)
(1,2,2,2,3,4,7)
(0,0,1,1,1,2,2)
(0,1,1,1,2,3,3)
(0,1,2,2,3,4,5)
(1,1,2,2,4,5,6)
(0,1,1,2,2,3,4)
(1,1,2,3,4,5,7)
(0,1,1,1,1,2,3)
(1,2,2,3,4,5,8)
(1,1,3,3,4,6,7)
(1,2,3,3,5,7,8)
(1,2,3,4,5,7,9)
(1,1,1,2,3,4,5)
(1,2,2,3,3,5,7)
(1,1,2,2,3,4,6)
(1,1,2,2,3,5,5)
(1,2,2,3,4,6,7)
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(7321,752)

(742,751)

(743, 75)
(7321, 743, 752)

(752)
(743,751)
(7321, 753)
(743, 752)

(753)

(754)

(76)
(721,76)
(7432, 76)
(7321, 76)
(731,76)
(7431,76)
(7421,76)

(7321,741,76)
(741,76)
(732, 76)
(7521, 76)

(7431,751,76)

(7421, 751, 76)

(421,743, 76)

(7321,751,76)

(7321, 742, 76)
(751, 76)

(732,741, 76)
(7621)

(7521,761)

(7431,761)

(7421,761)
(421,752, 76)

(1,1,2,3,3,5,6)
(1,2,3,3,4,6,8)
(1,1,1,1,2,3 4)
(2,2,3,4,5,8,9)
(1,1,2,2,2,4,5)
(1,2,2,2,3,5,6)
(1,1,1,2,2,4,4)
(2,2,3,3,4,7,8)
(2,2,2,3,3,6,7)
(1,1,1,1,1,3,3)
(1,1,1,1,1,1,3)
(1,1,2,2,2,2,5)
(1,1,1,1,3,3,3)
(1,1,1,3,3,3,5)
(1,2,2,3,3,3,7)
(1,2,2,2,5,5,6)
(1,1,3,3,5,5 7)
(1,2,2,4,5,5,8)
(1,2,2,2,3 3,6)
(1,1,1,2,2,2,4)
(1,1,3,3,3,5,5)
(1,2,2,2,4,5,5)
(1,2,4,4,6,7,9)
(1,1,2,2,4,4,5)
(1,2,2,4,4,5,7)
(1,1,2,3,4,4,6)
(1,2,2,2,2,3,5)
(1,2,2,3,4,4,7)
(0,0,1,1,1,1,1)
(0,1,2,2,2,3,3)
(0,1,1,1,2,2,2)
(0,1,2,2,3,3,4)
(1,1,3,3,4,5,6)
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(7421,743, 751, 76)
(321,743, 76)
(7321,761)
(321,742,751, 76)
(761)
(732,751, 76)
(742, 76)
(7521,762)
(7421,752,761)
(7421,743,761)
(421,743,752, 76)
(321,743,751, 76)
(7321,742,761)
(321,752, 76)
(732,761)
(742,751, 76)
(743, 76)
(7421,743,752,761)
(7421,762)
(321,752, 761)
(7321,743,761)
(7321,743, 752, 76)
(742,761)
(752, 76)
(743,751, 76)
(7421,743,762)
(7321,762)
(7321,743,752,761)
(7321,753, 76)
(752,761)
(743,761)
(743,752, 76)
(7321,743,762)

(1,2,3,3,5,6,7)
(1,1,1,2,3,3,4)
(0,1,1,2,2,2,3)
(1,2,3,4,5,6,8)
(0,1,1,1,1,1,2)
(1,2,2,3,3,4,6)
(1,1,2,2,3,3,5)
(1,1,3,3,3,4,4)
(1,2,4,4,5,6,7)
(1,2,3,3,5,5,6)
(1,1,2,2,3,4,4)
(1,2,2,3,4,5,6)
(1,2,3,4,5,5,7)
(1,1,2,3,3,4,5)
(1,2,2,3,3,3,5)
(1,2,3,3,4,5,7)
(1,1,1,1,2,2,3)
(1,2,3,3,4,5,5)
(1,1,3,3,4,4,5)
(1,2,3,4,4,5,6)
(1,2,2,3,4,4,5)
(2,2,3,4,5,6,7)
(1,2,3,3,4,4,6)
(1,1,2,2,2,3,4)
(1,2,2,2,3,4,5)
(1,1,2,2,3,3,3)
(1,1,2,3,3,3,4)
(2,3,4,5,6,7,8)
(1,1,1,2,2,3,3)
(1,2,3,3,3,4,5)
(1,2,2,2,3,3,4)
(2,2,3,3,4,5,6)
(2,2,3,4,5,5,6)
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(7321,753,761)
(762)
(743,752, 761)
(753, 76)
(7321,753,762)
(743,762)
(753,761)
(754, 76)
(7321,763)
(753,762)
(754,761)
(763)
(754,762)
(754, 763)
(764)
(765)

1,2,2,3,3,4,4)
1,1,2,2,2,2,3)
2,3,4,4,5,6,7)
2,2,2,3,3,4,5)
2,2,3,4,4,5,5)
2,2,3,3,4,4,5)
2,3,3,4,4,5,6)
1,1,1,1,1,2,2)
1,1,1,2,2,2,2)
3,3,4,5,5,6,7)
1,2,2,2,2,3,3)
2,2,2,3,3,3,4)
2,2,3,3,3,4,4)
3,3,3,4,4,5,5)
2,2,2,2,3,3,3)
1,1,1,1,1,1,1)
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