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PROPOSITION
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PROPOSITION Let ℓ, ℓ′ be genericm-length-vectors. Then

ℓ, ℓ′ in the
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=⇒ Nm
d (ℓ) ≈diff Nm

d (ℓ′)

REMARK: this “classification” does not depend ond.

Number of chambers up to permutations (JCH-Rodriguez, 2002):

m 3 4 5 6 7 8 9

2 3 7 21 135 2470 175428
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Let ℓ = (ℓ1, . . . , ℓm) be generic. LetI ⊂ {1, . . . m}

I is short if
∑

i∈I

ℓi <
∑

j /∈I

ℓj

S(ℓ) = poset of short subsets (simplicial complex).

PROPOSITION Let ℓ andℓ′ be generic. Then

S(ℓ) = S(ℓ′) ⇐⇒ ℓ andℓ′ in the same chamber.

S(ℓ) ∼= S(ℓ′) ⇐⇒
ℓ andℓ′ in the same chamber
up to permutation.

REMARK: If ℓ is generic, thenS(ℓ) is determined by
Sm(ℓ) = Link({m},S(ℓ))

STRATEGY: for ℓ generic, show that
H∗(Pol (ℓ); Z2) determinesSm(ℓ).
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ρm

ρi

Vi

ρm

ρi

Ui

r

ρm

R
r : Pol (ℓ) → CPm−2

Ui, Vi, R ∈ H2(Pol (ℓ); Z)

UiVi = 0 R = ±Ui ± Vi
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Write
Φ(M) = {x ∈ R

n | 〈x,wj〉 ≤ λj, j = 1 . . . , p}

(convex polytope limited by the hyperplanes
Fj = {x ∈ R

n | 〈x,wj〉 = λj}).

THEOREM (Danilov) H∗(M ; Λ) = Λ[F1, . . . , Fp]/I
whereI is the ideal generated by the families
•

∑p
j=1〈ei, wj〉Fj (i = 1, . . . , n)

•
∏

j∈B Fj if
⋂

j∈B Fj = ∅.
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